625-18, - J.W. MOON and LEO MOSER, University of :Alberta, Edmonton, Alberta, Canada, .~

b

Oncliques in graphs, = ot o nieal o0

i

A complete subgraph of a graph is called a c11gue if 1t 18 not contained 1n any other complete

subgraph of the graph, Erdés and Moser asked the following questions " What is the maximum number

of cliques possible in a graph with n nodes and which graphs have this many cliques? These questions
ire answered, It is also shown that the-maximum number of'différent sizes of cliques that can occur

is a graph with n nodes is n - log,n + O(log,log,n). (Received April 12, 1965.)

625- 19, W, E KIRWAN. Unlversity of Maryland, College Park Maryland Extremal problems

fox the class o tYplcally real functions. Preliminary report

LetT denote the class of functions f(z) =z + azzZ + e which are regular ln the unlt circle
tad satlefy Im£(z) * Imz > 0 for Imz #0. Tis called the clags of typlcally real functlons. The

f
llowlng theorem 1s proved for the class T. Theorem l. Let |c| <1 and let F(wo.....Wnﬂ) be

sytlc on Upe (6@t (01,00, Then ma e ReF(f(c).....f‘ Ne)c) Ls attalned for a function of

the { = 5 0tl]
o orm £(z) ZZ sl -2z + 2 ) where -1zt S1,8 20, and stoﬁk = 1, Using
corem | the following two results are obtalned Theorem 2. Let £(z) €T. Then t(z) maps
<V2 .
RI<V2-1onta domain starlike with respect to the origln. Theorem 3- Let f(z) ET ’I’hen 1)

Is g : -
tlvalent in-|z] < V2 - 1, (Recelved April 14, 1965.)

625-20, T. W. HUNGERFORD, University of Washington, Seattle, Washington 98105, A
de :
%nerators and Telations of the derived functors ‘'of the n-fold tensor produCt-

IR 18 a rlng (with unit) and AR R R";" RAII;\ l,RA are R (bl)modulea, then Multi
14 t ...® A (®’®R)- Les

is def
y h::d to be the ith left derived functor of the n-fold tensor product Al®

u *

!t (al ATy = 1(K ®,,, ® 1( ) where each Kr is a projectlve resolution of A" . A descﬂP“” .
0 , ;
f\m, n(Al analogous to that glven la

Nlc{,gue.

(A .....A )

.....A ) 1s glven tn terms of generators and relatlons. EX B
Mfor the case n = Z {and Mulf-l . Tor (A A )] (Recelved Aprll 15’ 1965') SR

Colomdo 50304 iuzd E. M, SIOSON; P

. o J':
2oy . ey

62 R o
- 5-21. J. D. MONK., Untversity. of Colorado. Boulder,.
ver
81ty of Florida, Gainesvﬂle, Florida 32603, :m-semigroups,

Kpresentationg, o o .

A m-
mﬂ!&r_ollp_ (s ( ))18 an algeb;alc Structure Wlth one m- ’
xy(Xq4 15142 oo XemIXismel o X3m-1)

ubreduct of an ordinaty or

semigroups, and function o o= .o

ary operation satisfying the

W 3180

o clative 19w (x5 oo x )X 4y eee X2m- )= XXz e

Hralli<

s M and x5,%55000. x5, 2 € S.. An'm-semigroup. (s ) isas
*Mlgroup (4, . *) iff A contains a subset S' such that (S'.( )") is an m-semigroup uomotph!c g

(S 0
. € S y
i ) ader the operation defined by (x1X2 ... Xm) = X¥1.° ¥2°
Sjoint me Y
\j\n m semigroup of m-adic transformatlons 19 an m.semlgtoﬂp ?

f U
] xx-—~ Ulnx X, much that £(%) Cx oo belng. the cycllc permutanon

Sperary
diy o0 o c°mp°51tion of any m such functlons. and. “’h“e Xy xz'""
foint sets, (s (. »;g the aubteduct of an of

'xm IO:‘ ali xll Xz....,xm
{ tunctlons : o
(l z (13 m - 1)) undﬂf tb@

Xm_; are any m-} palrwile‘

dlnary semigroug e
(B’ ) then 2 SRR YL

(é. 3 o . -»TESEEE_ 1, "Any m- semlgrotm
= that s enerate“A\ and if (5,0) is 3 subred!:ct of any other semigroup

s



homomorphism exists from A into B which is the identity on 8. Theorem 2. Every m-semigrouph

isomorphic to a disjoint m-semigroup of m-adic transformations. Theorem 3

. An m-semigroup Is

isomorphic to a disjoint m-semigroup of one-to-one m-adic transformations iff it is left~cancellative,

The Post Coset Theorem is a corol.lary of the above result, (Received April 15, 1965.)
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. 625-22, ]J. S. WHITE, General Motors Gorporation, Warren, Michigan,  Series expansions lor

order statistics,

Let X; = ... £ X, be the order statistics of a random sample of size n from a populatien witk
continuous distribution function F(x), then U = F(X;) is distributed as the ith order statistic froma
uniform (0 1) distrlbutlon Let G(u) be the inverse of F(x) (l.e., u = F(x) implies G(u) = x); thenthe
Taylor expansion of G{u) about u=p is x = G(u) = 3(u - p)kde(P)/de/k If we set Xy =xp=
/n+1)= E(Ui)' we obtain an expanswn for X, in terms of (U p) and hence an expanslon for
E(X)) in terms of the central moments of U Expansions fox higher moments of Xi and cross
moments E(Xlxj) may be obtained by multiplying appropriate series.v These serles expanslons it
831131'311}’ asymptotic expansions and may not give sufficxent accuracy for small o, Examplel f“ e

normal, half normal, and log Weibull distributions are given. (Received April 22, 1965.)

625-23. J. E. SIMPSON, Marquette University, Milwaukee Wisconsin 53233, On dilatlontZ,
operators.

o
Let 1 and Z be the functions 1(z) = 1 and Z(z) = z for allz €C, B ©(c) the Banach slgebra

gical
gl of £

complex- valued bounded Boxrel functions onC, E a separated complete locally convex topolo
vector space over C wlth strong dual E', and L(E,E) the algebra of continuous linear mappin
Into itself with the topology of uniform convergence on bounded’ subsets 6t E. A family &=
(m x‘)er x'eE! of b°“nded Radon measures on C will be called spectral if there i8 & mnppiﬂx
{—U ofB (C) inm L(E, E) which is a continuous algebra representation sattstying {Ugk ) -

fctdmx .x' for all'’t EB (©), X €E, x' € E',‘\and U,=L ‘An operator TE L(E E) is scalst ue

2 EE.
i a Spectral family such that Z s mx x.-integrable and (TX, x') ch dmx x! for all x €. i
Theorem, Let (T ated complete 874
with compt?

(343

j)j"). 24000,00 be a flnite subset of L(E,E). Then there is a separ

F which contains E, an idempotent element P of L(F,F) with range E, and n regular {i.ex

B 1 Zo-“"'
spectrum) commuting gcalar operators Tj in L(F,F) such'that T;x-= Pzj for all x EBS 12 D _

alar
Conditions will alsc be given under which an element T of L(E,E) is the restriction of.a 8¢

9P°’“F9F~8§!‘1 fot mexely its profection, (Received April 22, 1965.)
1625-24; HBRBERT GROSS Montana State College, ‘Bozeman, Montana. 59715'
theorem in the Countably infinite CaSe, 1ot oo e sl coiiit AR

RV

Og WIS

for s

e eable
: ot . - o E e ] enum“‘h;
. Theorém Let $be a non-degenerate. alternate form on a k-vectorspace E of ¢

" k an arbitrary commutative field (of any characteristic) Let Hand

with rad(Hy = L ) '

P ﬁa (H) - Tad(Hl), Taa(f) - = rad({ily Satisfying the following’ conditions‘ ® dtmH = W ,}g)t
m dim(H/radH) = dtm{H/radH), dim(H + /) = dim @@ + HYH), @) dim(H +H

dim @G gLl
mH+ H ‘m + ), dim((radH)'L/H‘L ¥ H'L'L) dim((rad H)7HL + B Y. Then there )
automorphtsm of E which maps H onto’

dimehsion, i be subs?""‘e gol?

xlsts L 'wﬁ

melﬂc for®

m
H "The theorem" also holds in the case of 8 8

550°



